Department of Electrical Engineering
School of Science and Engineering

EE310 Signals and Systems
ASSIGNMENT 1

Solutions

Problem 1 8 marks
Write each of the following in polar form, that is, in re/?.

(a) 1+;v3
n=a+jb=1+jV3
r=l|z|=+Va®+ b
r= i+ (VB2
= r =2
0 = tan"'(b/a)

0 = tan~'(\/3/1)
— 0 =m/3

o = e =207

I3 1
1443
e™/3 1
Zo= =
1 +j\/§
Using the Euler’s Identity
eI™/3 = cos(n/3) + jsin(n/3) = —(1 — jV/3)/2

(1—3jV3)

2(1+jV3)
Which reduces to:

(1-jv3)?

2= T o

(b)

8
Solving further, we get

1+ 5v3

Z9 = 1

Putting value of 1 + j1/3 from part (a)
2e37/3

Z9 — 1
1

2y = _e]7r/3

2




(c) 47

zm=J =75

23 = _] _ 6j371'/2

g = 337/2
CORVER

24 = J7

2y = (eI™/2)i = ei°7/2
2, = e ™% =0.2079
‘| z4 = 0.2079¢7°

Express each of the following complex numbers in Cartesian form (z + jy).

(e) /™% =cosm/2+ jsinT/2 = j

(f) V2e7™/* = \/2(cosT/4+ jsinT/4) =1+

(g) j26jj27r/3 — _e—jﬂ'/3 — _% + \/73.]
Problem 2 12 marks

Evaluate the following summations or integrals and express your answers in Cartesian form
( + Jjy).-

(a)
5
Z ej7rn/2
n=-5
5 T A7T A
T = Z <6j2n+e JQn) 2
n=1
As ™2 = j and e 7™/? = —j, so,
5
r=) (J"+(=5)")+1

n=1

Expanding the summation

r=0 =N+ ++0 -+ 0+ + 0 -5 +1
r=2j2+2j1+1

r=2(—1)+2(1)+1

— a-1-[io0)

(b)

n=-—2

Hint: Express cosine in the form of complex exponentials using the Euler identity,
given by e/ = cos + jsin 6.




Using the fact that: eIm/2 = j and e~ IT/2 — _

1 o0 . o0

r=1 LZ_2<§>“ +n2_2<‘7~7>"]

Let m = n +2. Making this replacement in the above equation, we get

Which simplifies to,

x:%[ 8+Z +Z_] ]

Applying the identity > >  ar™ = % and simplifying gives,

1 224+7)  2(2-3)
x—2{ 8 + 5 5
12
=_.-(=2 2 2 —
x 25( O+2+5+ 7)

x=—16/5= —16/5 + jO

(c)
/ e Tt
T = / et
0
o= Tt |
xr = _—7 .
= 2 +70
xrT = - =|—=
7|77
(d)

/ e~te ™2 sin(5¢)dt
0

This equation can also be written as,

x:/ e~ I/ Dt gin (5¢) dt
0
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Now, Applying the identity,

> b
/0 e “.sin(bx)dr = 210
We get,

5

1+ j7/2)2 + 52

Which reduces to,

20

T 04—t

Or,

x = 0.2088 — 70.0279

Problem 3 15 marks
For the CT signal x(t) shown below,

sketch and carefully label:
(a) Ev{z(t)}

(b) Odd{z(t)}

(c) z(t/2+3)

(d) z(1—1/3)

(e) z(t—2)(6(t —1/2) +u(3 —t)), where §(¢) is the delta function and u(t) is the step
function.
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Ev{z(t)} and Odd{z(¢)}

x(t)

2 L
Tl N
0
Ak
B ] | |
-6 -4 -2 0
t
Ev{x(t)}
o I | |
1 - |. ,|
0
Al
2 1 | |
5 4 2 0
t
Odd{x(t)}
5| ] | |
..
0
Ak
2 [l | |
B 4 2 0
t
Ev{x(t)} + Odd{x(t)}
n I | |
0
AF
2 1 | |
-6 4 2
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x(1—1t/3)

x(t)
| 1 | ] |
2 ] B
1k ‘ e i
0
aF -
‘_2 | 1 | 1 |
-6 -4 -2 0 2 4 6
t
x(1+t)
2 | ] | ] |
0
Ak o
_2 | 1 | 1 |
B -4 -2 0 2 4 6
t
x{1-t)
2 | ] | I |
.. _4 -
0
Ak _
'2 | 1 | 1 |
B -4 -2 0 2 4 8
t
x(1-t/3)
2 ] 1 | ]
_,--""_'_F'rf.--f ‘
1 L " =
0 = "
Ak T -
“2 1 1 | | 1
-6 -4 -2 0 2 8 10
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o(t — 2)(3(t —1/2) + u(3 — 1))

)
| T
2 — e
i N _
u 4
1 — —
5 | | | | \
F; 4 2 0 2 4 6
t
(t2)
T l
2 — o
0
1 —_ —
i | | | | \
E 4 2 0 2 4 6
t
(t112), u(34)
T
2r — )| |
1 —a
0
- .
5 | | | | \
B 4 -2 0 2 4 [}
t
X)) (34)
T |
of ]
1 —_ -
0
4k i
# | | | | \
B -4 -2 0 2 4 6
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Problem 4 15 marks
Determine whether or not each of the following signals is periodic. If the signal is periodic
determine its fundamental period. Please note that the period of the product of two periodic
functions is not the same as we have for the sum of two periodic functions.

(a)

(b)

(c)

(d)

(e)

x[n] = cos(4n + %)

Comparing with cos(won + ¢)

Wo = 4
For z[n] to be periodic,
N = 2mm

wo
= N=7Im
Since there is no such integer m which will make the N an integer, therefore z[n| is
not periodic.

Using the following identities,

364 _—j6 .
cos() = =F— and /™ = —1
o e]ﬂ_n 6]'2‘rrn/7<Fe—j27rn/'7

x[n] 5
Which reduces to,
ZL‘[TL] _ eI9TN/T | 3570 /T

As, period 0f2€j‘”°" =N = Z—’;m

So, period of /97 = N, = 2”—;7m =14
and period of e/™/7 = Ny = 2T = 14
Which gives an LCM of 14.

.. The given signal is periodic with fundamental period of 14.

o
:L'(t) _ Z 6(21&—71)
n=—00
The given signal is sum of real exponentials and real exponential signals are aperiodic.
Also, the sum of aperiodic signals is also aperiodic.
.". The given signal is not periodic.

x(t) = sin®(4t) = (sin(4t))2

x(t) = sin?(4t) = (sin(4t))?
x(t) = sin®(4t)
_ 1—cos(8t)
o(f) = 150
Fundamental period of cos(8t) is 7 /4.
. x(t) is periodic with fundamental period 7 /4

x[n| = cos (gn) cos (%n)

Applying the identity

cos(a).cos(f) = [cos(a + ) 4 cos(o — B)]
We get

z[n] = [cos(3mn/4) + cos(mn/4)]
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()

Period of cos(3mn/4) = 2m/w = §m =8
Period of cos(mn/4) = 2w /w =4m =4
LCM of 4 and 8 =8

.. Fundamental Period = 8.

z[n] = 2cos (%n) + sin (gn) — 2cos (gn + %)
Period of cos(§n) =T = 2F = el — 8
Period of sin(§n) = Ty = 2 = 2% = 16
Period of cos(5* + §) =13 = Z—: =2 — g
LCM Of Tl; T2 and T3 = 16

.. x[n] is periodic with fundamental period of 16.

Problem 5 25 marks
For each of the following systems described by the input-output relationship:

SYSTEM 1: y[n] = cos (2m z[n + 1]) + z[n]

SYSTEM 2: y[n] = x[n] i d[n — 2k
k=—o00

SYSTEM 3: y(t) :/ x(7T)dr

SYSTEM 4: y[n] = (— 1)% (z[n] + 1.5)

SYSTEM 5:

where x(t) or z[n| is the system input and y(¢) or y[n| is the system output, determine
whether the system is linear, time-invariant, causal, stable and memoryless. Briefly justify
your answer for each case.

System Linear Time-Invariant Causal Stable Memoryless
System 1 X v X v X
System 2 v X v v v
System 3 v X X X X
System 4 X X v X v
System 5 v X v v v

You need to show each property of the system by following the first definition approach.

Page 9




Problem 6 15 marks

Consider the discrete-time signal x[n] given below

(a) Sketch the signal z[—n + 3]

Shift by 3 to the left (time advance) followed by time reversal (flip around y-axis).

n+3]

A5 4§
‘“311 freseaies

(b) Sketch the signal x[3n — 1] Shift by 1 to the right (time delay) followed by time
compression (downsampling) by a factor of 3.

(c) Express the signal as a summation of DT impulse functions
z[n] = =d[n+3]—0[n+2]+dn+1]+[n]+6n—1]+[n—2]+[n—3]—20[n—4]| —20[n—>5]

(d) Express the signal in terms of DT unit step functions.

x[n] = —u[n + 3] 4+ 2u[n + 1] — 3u[n — 4] 4+ 2u[n — 6]
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